Let f(z) be regular in the unit disk, \z\ <1, and normalized by /(0) =0,/'(0) = 1. In accord with a definition of Robertson [4] , the function/(z) is said to be starlike at least of order a, where O^aâl, if Re{z/'(z)//(z)} ^« for \z\ <1. Any such function is univalent and starlike in the unit disk [4; 7] .
A role played by functions which are starlike of positive order in obtaining certain starlike products is given by the following result. The case where 0^a<l is included by an application of the corollary to f(z) = 2 [ F(z) /z }l la.
A regular univalent function is convex in the unit disk if it maps \z\ <1 onto a convex region. A normalized convex function in the unit disk is known to be starlike at least of order 1/2 [3; 8] . In conjunction with Theorem 1, this proves In case f(z) is starlike at least of order a and a"^=0 for all ra, the function
for any z in the unit disk. Moreover, in the interval 0 ^ z < 1 this function is continuous and, since it is positive at z = 0, positive. It is therefore defined and non-negative at z=l. This proves the necessity of (3) for this class of functions.
For example, the function /"(z) =z -z3/4ra2 is by (4) starlike at least of order an = 1 -dn = 1 -2/(4ra2 -1). Since Zn-i ^> -Zn-i 2/(4ra2-1) = 1, Theorem 1 shows that -s1nTz = zn^l--j is univalent and starlike in \z\ <1. This function is not univalent in \z\ <R for any 7?>1 since its derivative has a zero at 8=1. These results were obtained by a different method in [5] .
More generally, the Weierstrass Factor Theorem gives the following application of Theorem 1 to a class of entire functions. For z = rei*, 0^r<min|an|, the function (6) is a real valued continuous function of r. It is, moreover, positive at r = 0 and obviously negative for r in the interval and sufficiently near min| an\. Therefore f'(z) has a zero at some zi = rie'*, where 0 Oi < min | an \. By hypothesis/'(z) has no zero on the ray arg z = <p and in the unit disk, and hence \an\ >1 for all ra. Finally, (6) is zero at z = e'*. This proves that (5) holds for this case. The corollary now follows from Theorem 3.
By way of illustration, the function --=z^n(l + -)e-i", 
